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MOT SO CACH DUNG TIEP TUYEN CUA CONIC

0 THCS ta da giai cac bai toan dung tiép tuyén ctia mot duong tron khi
biét tiép diém hoic biét mot diém & ngoai duong tron thudc tiép tuyén voi
bo dung cu dung hinh gom compa va thudc thang. Mot cach tu nhién, ta
nghi dén cdc bai todn tuong tu d6i voi conic. Trong bai viét nay xin duoc dé
cap chu yéu dén hai bai toan dung tiép tuyén ctia conic: Thir nhat dung tiép
tuyén cia mot conic biét tiep diem M, Thir hai, dung tiép tuyén ciia mot
conic biét tlep tuyen di qua diém M khong thugc conic. Trong ca hai bai
todn trén déu gid thiét conic da cho gan cing vdi cdc tiéu diém ciia nd.

1. Conic la mt elip.

Trudc hét, xin nhic lai mot s6 két qua gan lién véi elip ma ta c¢6 thé van
dung.

Két qua 1. Cho elip (E) véi cdc tiéu diém Fy, F,. Tiép tuyén cua (E) tai M,
l1a phéan gidc ngoai cua goc EMF, .

Két qua 2. Cho elip (E) voi céc tiéu diém F,, F,. Mot ho duong thang ¢
phuong k (hé sb géc k) cit (E) theo cdc ddy. Khi d6 tap hop cdc trung diém
ctia cdc ddy thudc mot duong thiang di qua tim cua (E) va c¢6 phuong k’ sao
cho:
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Tap hop cdc trung diém néi trén duoc goi 12 duong kinh lién hop véi
phuong k. Ta ciing biét rang, duong kinh lién hop voi phuong k ¢6 phuong
k’ khi va chi khi duong kinh lién hgp véi phuog k™ ¢6 phuong k.

Két qua 3. Cho elip (E) tam O c6 d0 dai truc 16n 2a. Puong tron (O; a) goi
la Vong chinh cta (E). Véi diém M thudc vong chinh cua (E) thi duong
thang A vuong géc MF tai M (trong d6 F la mot trong hai ti€u diém cia (E))
12 mot tiép tuyén cia (E).

XY

That vay, voielip (E) : —2 v =1(@>b>0) thi vong chinh 12 dudng tron
(C): X'+y =a’

Mo(Xo; Yo) thude (C) & X +y, =a’

Gia su F(c; 0) thi MF=(c-X;-Y¥,). Suy ra phuong trinh ctia A:

(€ = X)(X = X0) = Yoy —=¥0) =0
s (C— X)X —y0y+a2- cxg =0

Tacé: a’(c-x,)’ +b’y; = a’(c-x,)* +(@° -y, =

2.2 2 2,2 2.2 2.2 2.2 2 2,2 2 2.2 2N
a’c’ -2a’cx, +a'x, +a%y,-cy,= ac -2acx,+a (X, +y, )-c (@ -x,)=
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= a*-2a’x, +¢’x; =(a’ - cx,)’. Suy ra A 12 tiép tuyén cua (E).
Két qua 4. Cho elip (E) tam O c6 do dai truc 16n 2a. Puong tron (O;

va® +b’) goi 12 vong Monge cua (E). Véi diém M thudc vong Monge ctia
(E) ké dugc hai tiép tuyén cua (E) va hai tiép tuyén nay vudng géc v6i nhau
tai M.

Két qua 5. Cho elip (E) voi cdc tiéu diém F,, F,. Cdc duong tron (F,; 2a)
va (Fy; 2a) goi 1a dudng tron chuan cua (E). Véi diém M thudce (E), dudng
thang FM (F 1a mot tiéu diém cia (E)) cat duong tron (F; 2a) tai N, khi d6
tiép tuyén tai M cua (E) 1a trung tryc cua doan F’N(F’ 1a tiéu diém tht hai
cua (E))

Két qua 6. Cho elip (E) véi cic dinh A;, A, cling cic tiép tuyén cia (E) 1a
Az, Ast. Tiép tuyén tai M thudc (E) khac A;, A, cit cdc duong théng Az,
Ast tai E, F. Tap hop céc giao diém I cia A,F, ALE 1a elip c6 do dai truc 16n
2a, do dai truc bé b.

Két qua 7. Cho elip (E) voi cac dinh Ay, A, cung cac tiép tuyén cua (E) 1a
Az, Axt. Ti 1ep tuyen tai M thudc (E) khac A;, A, cét cdc duong thang Az,
Asttai E, F. Ta co EEF = EFZF = 1v(F,, F, 1a céc tiéu diém)

Két qua 8. Cho elip (E) véi cdc dinh A;, A, ciing cdc tiép tuyén cia (E) 1a
Az, Ast. Tiép tuyén tai M thudc (E) khac A, A, cit cdc duong théng Az,
Aot tai E, F. Ta c6 AE.AF = b°.

Két qua 9. Cho elip (E) c6 2a >2b M 1a mot diém thay ddi trén (E). d 1a
duong thang vudng goc voi tiép tuyén cia (E) tai M. Duong thang qua M
vudng géc v6i Ox cat dudng tron chinh tai C, D. d cit cic dudng thang OC,
OD tai I, J. Khi d6 M la trung diém cta IJ va MI° = MJ*? = MF,.MF..

Bai todn 1. Cho elip (E) véi cdc tiéu diém F,, F,. Dung tiép tuyén cua (E)
tai My cho trudce thude (E) véi b dung cu dung hinh 1a compa va thude
thang.

Loi gidi: Goi A 1a tiép tuyén can dung.

Ciéch 1. Ap dung két qua 1. Ta chi can dung A 1a phan gidc ngoai ciia géc

EMOFZ *
Cach 2. Ap dung két qua 2. A
e Dung duong kinh MyN,,. A%
« Dung diy MN // M,N. ;< A N
Goi I 12 trung diém ctia MN. ~_ / e M
e Dung duong kinh EF di qua O, 1. K O~ ,}
e Dung A qua M, va song song EF. 1304~—J1\{/ /Zé
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Cich 3. Ap dung két qua 3.

e Dung vong chinh cua (E). /\\

e Dung duodng tron duong kinh M F A

(F Ia mot tiéu didm cia (E)) ”£0< é\

cat vong chinh cta (E) tai M. TT— N

e Dung A qua M va M, U‘?

Bai toan 2. Cho elip (E) véi cic tiéu diém F;, F,. Dung tiép tuyén cua (E)
biét rang tiép tuyén di qua M cho truéc nam ngoai (E) v6i bo dung cu dung
hinh 12 compa va thudc thang.

Loi gidi: Goi A 1a tiép tuyén can dung. Ap dung két qua 3.
e Dung vong chinh cua (E).
e Dung duodng tron duong kinh MF
(F 12 mot tiéu diém cua (E))
cat vong chinh cua (E) tai N
e Dung A qua M va N. A

2. Conic la mot hypebol.

Hoan toan tuong tu elip, sau ddy 1a mot s6 két qua gan lién voi hypebol
ma ta c6 thé van dung.

Két qua 1. Cho hypebol (H) véi cic tiéu diém Fy, F,. Tiép tuyén cta (H)
tai M, la phan gidc trong cuia goc EMF, .

Két qua 2. Cho hypebol (H) vdi céc tiéu diém F,, F,. Mot ho duong
thang c6 phuong k (hé s6 géc k) cat (H) theo cic dy. Khi d6 tap hop cic
trung diém cia céc day thudc mot duong thang di qua tim cia (H) va cé
phuong k’ sao cho:

b2
o

Tap hop cic trung g’[iém ndi trén duoc goi la duong kinh lién hop voi
phuong k. Ta cling biét rang, duong kinh lién hop véi phuong k c6 phuong
k’ khi va chi khi duong kinh lién hgp véi phuog k> ¢6 phuong k.

kk =
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Két qua 3. Cho hypebol (H) tam O c6 d¢ dai truc thuc 2a. Puong tron
(O; a) got la vong chinh cua (H). Voi diém M thudc vong chinh cua (H) thi
duong thang A vudng géc MF tai F (trong d6 F 1a mot trong hai tiéu diém
cua (H)) 1a mot tiép tuyén cua (H).

Bai toan 3. Cho hypebol (H) vdi cdc tidu diém F,, F,. Dung tiép tuyén
cua (H) tai My cho trude thudc (H) voi by dung cu dung hinh 1a compa va
thude thang.

Loi giai: Goi A 12 tiép tuyén can dyung.

Cach 1. Ap dung két qua 4. Ta chi can dung A 12 phan gidc ngoai ctia géc
EM,F, .

Cich 2. Ap dung két qua 5.

e Dung duong kinh MyN,.
Goi I 12 trung diém ctia MN.
e Dung duong kinh di qua O, 1.
e Dung A qua M, va song song OL.

Cich 3. Ap dung két qua 6.

e Dung vong chinh cua (H).

e Dung duong tron duong kinh M F
(F 12 mot tiéu diém cua (H))

cit vong chinh cua (H) tai M.

e Dung A qua M va M,

Bai toan 4. Cho hypebol (H) véi cic tiéu dlem F,, F,. Dung tiép tuyén cua
(H) biét rang tiép tuyén di qua M cho trudc nam ngoai (H) véi bo dung cu
dung hinh 13 compa va thudc thang.

Loi giai: Goi A 12 tiép tuyén can dung. Ap dung két qua 6.
e Dung vong chinh cua (H).
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e Dung duong tron duong kinh MF
(F 1a mot tiéu diém cua (H)) cat vong chinh cua (E) tai N.
e Dung A quaM va N. T

3. Conic 1a mgt parabol. ,
Hoan toan tuong tu elip va hypebol, ta c6 cac két qua cho parabol.
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