Tran Xudn Bang - GV Truong THPT Chuyén Qudang Binh

PHUONG TRINH VA HE PHUONG TRINH PAI SO

I. PHUONG TRINH ax + b = 0.
* Cac budc gidi va bién luan:
i)a=0=b:M ixlanghi m
a=0 zb:V6nghi m
ii) a z0 : Ph€hng trinh g i la ph€hng trinh bdc nhblt, ¢- nghi m duy
nhbt: x 2

a
* Nhén xét: Ph€hng trinh ax + b =0 ¢6 hhn m, t nghi m khi va ch” khim i
x 1a nghi m, khivach khia=b=0.
* Cac phwong trinh chuyén vé phwong trinh ax +b=0:
1. Phwong trinh ¢6é 4n & miu:
PP Giai: niit NK mXu th ¢ kh§c khing. Quy [ ng, b, m¥u. Gi[i ph€hng
trinh. n" i chifju kAt qul v, i LiQu ki n. K/t ludn nghi m.
VD1. Gi[i va bi n ludn ph€hng trinh:
x 2m 2x 1
2x 1 4x m

HD. NK: x 22,x 2"
2 4

x 2m 2x | e4x’ 9mx 2m’ 4x* 1 e9mx 2m> 1 (1)
2x 1 4x m
)m=0:(1) vd nghi m
. 2m* 1
i) m z0: (1) cex e .
Om
2m* 1, S \ '~
x =5 la nghi m ¢, a ph€hng trinh La cho
m
2m’ 1 _1 . .
° 9m 2 Am® 2 z9m Am® 9m 220  m z22,m 7 m z—
oe@%21 ® @ , , B @, e ® 4 2@ 4
:m ,m ‘m” 4 z29m m- z4 o 7 B o 7 B
Om 4
- 1
m z0,m 2z :
KL: Ly ]
o Om
mz R

xm 0>m %wn r2: Vo nghi m.

VD2. Gi[i va bi n ludn ph€hng trinh:
a b a b

ax 1 bx 1 (a b)x 1
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ax-1 20 ax 7l (1)
HD. NnK: @x-120 e @x 2 2)
Tatbx-1 20 fatb)x z1  (3)
Ph€hng trinh tehng L€hng:
2abx (a b) a b
abx> (@ b)x 1 (a b)x 1
e2ab(a b)x* (a b)Y’x 2abx (a b) ab(a b)x* (a b)’x (a b)
ceab(a b)x* 2abx 0 oex ab(a b)x 2ab @O
& 0 4)
e «
4qb(a b)x 2ab 0 (5
i) (4) chox=01anghi mv im ia,b.
i1) Gil'i (5):
+a=0: xlanghi mg a(5).
b=0: xlanghi mc aph€hng trinh ['d cho.

bz0: x z% ¢, a ph€hng trinh La cho.

+b=0: xlanghi mc a(5).
a=0: xlanghi mc aph€hng trinh ['d cho.

az0: xz 1 ¢, a ph€hng trinh La cho.
a

+a=-b:(5) ce0x+2b*=0.
b=0: xlanghi mc, aph€hng trinh L'4 cho.
b z0: (5) vo nghi m. Ph€hng trinh L'a cho ¢6 nghi m x = 0.
2
a b’

+az0 Shz0 Sa z b: (5 cex

x 2 ~la nghi’ m ¢, a phehng trinh L cho khi ch” khi
a
-2 1
—— Z—
a b a
° 2 1
®— Z— cca 2
oa b b
° 2 1
—— Z
a b a b
KL. xa=b=0: x
xa=0 zb: xz 1
b
. 1
xb=0 za: xz—
a
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2
a b
xa z0,a z0,a =b,a =-b:x=0
* Bai tap luyén tap.
Bai 1. Gili v bi n ludn theo m phéhng trinh ; 2 Dx 0 Dx 1,

x 3 X m

xa z0,a z0,a zb,a z-b: x

Bai 2. Gi[li va bi n ludn theo a, b ph€hng trinh : &

Bai 3. Gi[[i va bi n ludn theo a, b ph€hng trinh : £

Bai 4. Gili va bi n ludn theo a, b ph€hng trinh : £
Bai 5. Gi[li va bi n ludn theo a, b ph€hng trinh :

X a x al x b

x b1

x al x a 2 x b1 x b 2
Bai 6. Gili va bi n ludn theo a, b ph€hng trinh : &% 2 * 4 x b x
a x b x a x b x

2. Phuong trinh c6 gia tri tuyét doi.
Dang 1. [/ ()] [g(x)
PP Gidi: Ph€hng trinh t€hng L€hng Zr(x) &)
F(x) gl
Dang 2. |f(x) g(x)

PP Giii:
2-f(x) g(x)
«2(x) to
o) g
«g(x) 10
2-f(x) g(x)
() 10
< fx) gx)
47 (x) do

vbnLQ la“ ch ,” c8ch 1, ta phli gili bblt ph€hng trinh g(x) to; c8ch 2,
ta phli gi[i bbit phehng trinh f(x) t0. Tu8 thu ¢ vao bdc ¢, a f(x) hay g(x)
LW1 ach nthxchh p. ’

Dang 3. Nhiéu gia tri tuyét doi.

Ta pha gia tr tuy t " i theo L nh nghoa, va gili ph€hng trinh trén t ng tdp
con.

Cach 1: Ph€hng trinh t€hng L'€hng

Cach 2: Ph€hng trinh t€hng L€hng
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VD. Gi[i ph€hng trinh [2x 1] |3 x| 2[2x 3]

HD. 2x 1 0oex %;3x0(13x 3; 2x 3 0 cex %

3 1 3
2

2x 1| 1-2x 1-2x 2x - 1 2x - 1
3 x| 3-x 3-x 3-x X -3
2|2x 3| -4x -6 4x + 6 4x + 6 4xX + 6
VT x+ 10 -7x-2 -3x - 4 -x-10
i) x d %:x+10=1 @x=-9: Thol
i) > x L:-7x-2=1 ex= >:Thol

2 2 7
3i) %dx $:-3x - 4=1 cex= %:Khéngtho[

4i) x!3:-x-10=1 cex=-11: Khong thol
3. Phwong trinh co6 can thire.

Dang 1. /f(x) g(x)
o : (x) gx) < A
Bi/jn L i tehng L'€h "hay" L
iIn L itehng L€hng /' (x) eg(x) ce é( )10 (hay ) t 0) ("hay ay
co nghoa la s, thay th/], | a ch n m t trong hai, 1 a ch n bbit ph€hng trinh
Lhn gi['n hhn)
Dang 2. /f(x) g(x)
Biln L’ i tehng Lehng V7 () g(x) & & (x)) - ")
Dang 3. NhiQu ctn th ¢ khong thu, ¢ c8c ding trén.
x Binh ph€hng hai v/] nhiQu If n theo nguyén tdc:
At0,Bt0:4tB ceAd’ tB’
4d0,B d:4 B o A

Ngoai phwong phdp bién doi twong dwong ndi trén, cac phwong trinh
chuyén vé bdc nhdt c6 thé giai bang cdch bién doi vé tich,ddt an phu hay sir
dung cdc phwong phap khac (Xem Ph fi hg trinh khdng m3 X P)y F
VD. Gi[i ph€hng trinh: x v/x 1 1 (XBang)
HD. Cach 1(Bi/jn L' i t€hng I'€hng):

x AWx 1 1oeyVx 11 x
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°\/;l(1x)zoe°\(/®;112xx2m"3/é12\/;x\/;0
t

® @
T xt0 T xto0 5 dl
a 0 %c 0
«°1 2Wx x/x 0 oe“if 1x 15 e g
<6— di ® 2

0 dx d

Cach 2(Bi/n L i tehng L€hng):

N e Vg W T @f%,l-g;l%
Cach 3(Bi/jn L' i vQ dlng tich):

x Wr 1 oleexr Wx 1) Vx JWx 1 0ce vx J¥x 1 Vx Wx 11 0

Cich 4(niit Xn ph, ):

nit /y \/—IY

2

\/;nyf\/}oef\ffflo

IL. PHUONG TRINH ax’+bx+c¢=0.
1. Cac bwéce gidi va bién luan.
i) a=0: Ph€hng trinh tr thanh: bx+¢=0
b=0=c:M ixlanghi m
b=0 zc:Vonghi m
b z0 : Ph€hng trinh tr thanh ph€hng trinh bdc nhblt, c-

nghi m duy nhblt: x %
ii) a z 0: Ph€hng trinh L3 cho g i la ph€hng trinh bdc hai.
-

~p ac
>1

b* A4ac,

x ' <0 (''<0): Phehng trinh v6 nghi m.
= 0 (''= 0): Ph€hng trinh c6 hai nghi m bing nhau

x'>0 (''">0): Phehng trinh c6 hai nghi m phén bi t:

X2
’ 2a
* Nhén xét: Phehng trinh ax> + bx + ¢ =0¢6 hhn hai nghi m khi va ch” khi
m ix la nghi m, khivach khia=b=c=0.
2. Diu cac nghiém ciia phwong trinh ax’ + bx + ¢ = 0 ( a z0).
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nitp=<,s= 2
a a
x P < 0: Ph€hng trinh ¢6 hainghi m x, 0 x,
x-'tOOS"ﬂ() x, dx,
@3!0 $ x dx, 0
;'tO
x 0 x dx, ce@ 0 ,
510
;'tO
xx dx, 0 ce@ 10
S0
**%* Chay:
PDP=0 cex, 0,x, S

ii) -P Oaaox1 0 x, P Oaaox1 0 x,
@'!0 %(FDJ X, ’ @' 0 ‘1‘}%!)62
S 0

3i) @tOOle X,

4i) Cac dblu hi' u cfn, nhiQu khi rbit ¢fn cho vi ¢ x6t dblu c§c nghi’ m:
S <0 : NJJu ph€hng trinh c¢6 nghi m thi ¢ it nhblt m t nghi m Om.
<S>0 : N/Ju ph€hng trinh c6 nghi m thi c6 it nhbit m t nghi m d€hng
VD. Tim thit c[ c8c gi§ tr m sao cho ph€hng trinh sau c6 khong it hhn 2
nghi mOmphénbi t: x* mx® x> mx 1 0.
HD. Thhly ngay x = 0 khng tho[ ph€hng trinh.
Chia hai v/] ¢, a ph€hng trinh cho x* z0:

x’ mxlmlL2 0 e x’ izm§xll 0 (1)
X Xx x © x °1
DPUtxlX\"(szxl 0 (2)

x
Y x° iz X* 2,)x|t2
x
()tr thanh X* mx 1 0 3)

(3) c¢6 hainghi mtr8idbluv, im im.

V, i |x| t2 thi (2) c6 hai nghi m cung dblu, nén LW ¢- nghi mOm thi X <0
Suy ra X <-2.

Tom 1di phehng trinh (3) phlic- hainghi m x, 2 0 X,

NJu L€ ¢ dung L' nh IT L[o vQ dblu ¢, a tam th ¢ bdc hai thi cFnva L, la:

Tran Xudn Bang - GV Truong THPT Chuyén Qudng Binh 6
Phurong trinh va Hé phuwong trinh Dai so



Tran Xudn Bang - GV Truong THPT Chuyén Qudang Binh

éj;( 2) 02 e3 2m 0 cem !é
F(X) X° mx 1 2
Nh€ng ch€hng trinh hi n hanh khong c6 L'nh IT Lo vQ dblu ¢ a tam th ¢
bdc hali, nén:
Cach1: Nt X+2=Y Y Y<O:
X mX 1 0ce(Y 2 mY 2) 1 0cY (m 4Y 3 2m 0

Ph€hng trinh nay c6 hai nghi m tr§i dblu ch" khi3-2m <0 cem > %
2
Cich2: x> mX 1 0cem L X
1 X 2X* 1 x° X1
nit £(X) —— ¥ /1) e w0 Xzo0.
X - f -2 2 + f
£'X) - -
+ f 3
2
f(X) \43 \
2 - f
3

Thbly ngay ph€hng trinh ¢6 nghi m X < - 2 khi ch” khi m > >

3. So sanh nghiém ciia phwong trinh ax’ + bx + ¢ = 0 (a z0) véi
mot s thire khac khong.
3.1. Néu dung dinh 1y dio vé diu ciia tam thirc bac hai.
Ijll-btf(x)=ax2+bx+c=0(a z0)
af( D<0 cex, 0 x,
Q-F%f( D>0 ® ":‘(D x, dx,
to -~ xdx, D

af( D>0 af( o

®t0 e D x dx; ®t0 oex dv, I
°_§ ' D ;‘E D

2 2

#xx V[t s6 dicu kién cin va di vé nghiém ciia
f(x)=ax2+bx+c=0(a z0)
3.1.1. f(x) c6 nghiém thuoc L E:
CFnval, LWf(x)c- Lang 1 nghi mthu ¢ B E£la m ttrong 4 LiQu
ki n:
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-0
of (D 0 of (B 0 °
WOICEY G psp@ "8 B0 @ TL.n
210
o @/ (D 10
Cfnval, LW AR
f(x) c6 Ling 2 nghi mthu c 0o & ° .
I
ax(Df(C Ed
NJu khng cfn phli t§ch bYch nhe th] «; to

thicfnval, LWf(X)c- nghi mthu ¢ D E « ;af(D to
L@ (5 10
« S

« Dd= dE
- 2

3.1.2. f(x) c6 nghiém thugc L E:
CFnva L, LWf(x) c- Lung 1 nghi mthu, ¢ B Ela m ttrong b n
LiQu ki n:

-0
of(D 0 of(5 0 °
WONES X% bpyr & Bopy PL.npe
a
110
o af (D 10
Cfnval, LV\{ X@f(5 0
f(x) co Lung 2 nghi mthu ¢ o Ela: | g t
2

3.1.3. f(x) c6 nghiém thuoc L0 f :
CFnval, LW f(x)coLlung 1 nghi mthu ¢ £ f lam ttrong ba LiQu
ki n:

-/(D 0
X

xaf (D 0 DI
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;'!0
Xo@f(Q 10

°p 3
2

CFnval, LWf(x)c- lang2 nghi mthu ¢ B f :

3.1.4. f(x) c6 nghiém thuoc [Q f):
CFnval, LW f(x)c- Ling 1 nghi mthu ¢ [2 f) la m ttrong ba LiQu
ki n:

; 0
xaf (D 0 xgé( DD 1

°. 10
CFnval, LWf(x)c- Ling2 nghi mthu c[B f): X@&(D 10

°p &y
2
3.1.5. f(x) c6 nghiém thuoc f;D:
CFnval, LW f(x)c- Lung 1 nghi mthu ¢

f; D lam ttrong ba LiQu
ki n:
-0
Xaf (D 0 xéé(DD Ol xg_@ b r
2a
)
CFnval, LWf(x)c- Lang2 nghi mthu ¢ f;D: x@f (D 0
oS
= D
3.1.6. f(x) c6 nghiém thuoc ( f; J:
CFnval, LW f(x) c- Lang 1 nghi mthu, c( f; 3 & m ttrong ba LiQu
ki n:
-0
-f(D 0 °
Xaf (D 0 X Dl xg_@b dr
2a
°10
Cfnval, LWf(x)c- Lang 2 nghi mthu c( f;3: x@/(D 0
S
2 D
2
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3.2. Néu khong dung dinh ly dao vé diu ciia tam thirc bac hai.
xPhuong phap tot nhat 1a khao sat sw bién thién ciia ham sé (xem VD &
phan trén)
xNéu chi so sanh nghiém véi mdt s6 thue £ khac khong thi c6 thé dit
y=x-L

VD. Tim a LW ph€hng trinh sau c6 hhn 1 nghi mthu, ¢ 2}) ES
(1 a)tan’x I 3¢ 0
COs X
2 § 1 .2
HD. (1 a)tan” x 1 3¢ 0ce(l a)° 1 1 3a 0
cosx @0s°x *lcosx
e a) 12 2 4a 0 (1)
cos’x  cosx
Nt XYXe(; f)
Cos x
(1) (1 a)X’ 2X 4a 0 Q)

Ph€hng trinh I'd cho ¢c6 hhn m t nghi m thu, c %ES ~ceph€hng trinh (2) ¢6

hainghf mX e, f).
Cachl.nltX-1=Y>0_:
)tr thanh @ o) 1> 2(Y 1) 4a 0ce(l @)Y 2aY 3a 1 0 (3)

-1 a z0 ;aZI _ 1

S da’ 4a 110 4 2
(3) ¢6 hai nghi m d€hng ®§ ,, ®® 110 ®, ®

o :261 on a 1

S10 10 3

a
Ciach 2. Khong phli khi nao cIng c- thW nhdnra X =2 lam tnghi m¢, a
(2). Nhéng njju nhdnra '€ ¢ thi:

V. i a 2l thinghi mkiala = 2 2.
a l a
Y Ba 1, w
Ta phli c- éa @ a ® ®
° 2a z2 2a 71 ;zzl
1 a 2

xC6 thé dung phwong phap phan bu: Tim céc gia tr thams™ LW ph€hng
trinh c6 nghi m thi ta tim cac gia tr lam cho ph€hng trinh vé nghi m.
VD. Tim thit c[ c§c gi§ tr m LW ph€hng trinh sau c6 nghi m:

xt 4x’ 2mx® 4x 1 0
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HD. Ph€hng trinh L'a cho t€hng L'€hng v, i :
X2 4X 2m 2 0 (1)

0@2 Xx 1 0 (2)
x| t2 3)

Ph€hng trinh L'a cho c¢6 nghi m khi va ch” khi ph€hng trinh (1) c6 nghi m
thol (3)
Ta tim tblt c[ c§c gi§ tr m LW ph€hng trinh (1) khéng c6 nghi m tho[ (3).
niQu nay ch” khi ph€hng trinh (1) vo nghi m hotc ¢- hai nghi mthu, ¢ (- 2 ;
2)

i) Phehng trinh (1) vonghi m ce4 2m 2 Ocem !3

i) Ph€hng trinh (1) ¢6 hai nghi mthu, ¢ (- 2 ; 2). Tr€ ng h p nay khong

x['y ra vi 23: - 2 khong thu, ¢ khol'ng (- 2 ; 2). Suy ludn nay kha hay: NJju
a

hai nghi mthu, ¢ khol'ng (- 2 ; 2) thi 2b—a: -2 thu, c kholng (- 2 ;2).Vo ly.
B, nh, ng m> 3 ta con thit c[ c8c gi§ tr cfntim1a m d3.
** Ban nén ludén luén hudng téi viéc ding dao ham dé khdo sdt phirong
trinh néu cé thé thi ban sé tranh dwoc nhiéu rdc réi.
Cdc phwong trinh chuyK Q Y| E5FEA gDty nhw dia néi vé cdc
phirong trinh chuyén vé béc nhdt.
VD. Gi[i ph€hng trinh x> Jx 7 7
HD. Cach 1(Bi/Jn U i tehng l'€hng)

1
x2\/x7709x2x%x7x/x7zce"§x

1
© 21

Cach 2(Bi/Jn L i vQ dUng tich)

X x 7 7Tex (7)) (x NJx 7) 0e(x Jx T)x Jx 7 1) 0

Cach 3(nft Xn ph, , L'€a vQ h ph€hng trinh)

2 2

&7l
© 2

. Y’ 7.
Nt y Jx 7Y%2 ;C Y2 x* x ye@x )y x 1) 0
x y

* Bai tap luyén tap. §

Bai 1. Cho ph€hng trinh ax*> bx ¢ 0 ¢6 hai nghi m x,x,.

Nt S x' x7. Ch ngminh: aS, 5S,, ¢S, , 0,(nt3)

Bai 2. Cho ph€hng trinh x* 2mx 4 0.

a) Tim m LW ph€hng trinh c6 hai nghi m khing @m x,,x,. Khi L'é tinh theo

m:
Mo x o, N=x

b) Tim m LW ph€hng trinh c6 hai nghi m x,,x, sao cho: x* x! d32

Tran Xudn Bang - GV Truong THPT Chuyén Qudng Binh 1 1
Phurong trinh va Hé phuwong trinh Dai so



Tran Xudn Bang - GV Truong THPT Chuyén Qudang Binh

Bai 3. Tim nghi m (x;y)saochoy | nnhblit: x> yx> y 8 7 0
Bai 4. Bi/Jt ring ph€hng trinh ax> bx ¢ 0 ¢- L¥%ng m t nghi m d€hng
(gilax).
Ch ng minh ring ph€hng trinh x> bx a 0 c- L%ng m tnghi m d€hng
(gilax),ngthi:x +x t2.
Bai 5. G i x, 1anghi mc, aph€hng trinh ax> bx ¢ 0.Ch ng minh:
C

|x0| 1 max%Z 7
al |a
2

; #, 20.
é

Bai 6. Cho ph€hng trinh (I a)tan®x 1 3a 0
COS X
a) Gili phehng trinh khi a = % .
b) Tim thit c[ c8c gia tr a LW ph€hng trinh ¢6 hhn m t nghi m thu, ¢

khofng b

Bai 7. Tim tblt ¢[ c§c gi§ tr m LW ph€hng trinh sau c6 nghi m:
(x> D(x S)x 3) m 0
Bai 8. Tim thit c[ cac gia tr m LW ph€hng trinh sau c6 nghi m:
x 1|(x 2) m 0
Bai 9. Tim tblt c[ c§c gi§ tr p LW ph€hng trinh sau c6 nghi m:
4x° 2px
1 2% x* 1 X
Bai 10. Gi[i va bi n ludn theo m ph€hng trinh:

2 2
‘xxm‘xx2

Bai 11. Tim thlt c[ c&c gi§ tr m LW ph€hng trinh sau c¢6 nghi m duy nhblt:
lg mx
lg(x D)
Bai 12. Tim thlt c[ c&c gi§ tr m LW ph€hng trinh sau c¢6 nghi m:
x 2 x* m
Gi[i1 ph€hng trinh khi m = 82.
Bai 13. Tim thlt c[ c&c gi§ tr m LW ph€hng trinh sau c¢6 nghi m:
2x* 3x mx* 3x 2 0

I1I. PHUONG TRINH ax + by + ¢ =0.

a=b=c=0:M i(x;y)langhi m

a=b=0 zc: Vo nghi m.

1 p* 0

c

a=0,b z0:xtud T,y = 5
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a zO,b=0:x=—£,ytu8T.
a

az0,bz0xtusT,y 2 S(hay«x by £,ytusT)
b b a a

IV. HE PHUONG TRINH BAC NHAT HAI AN.
-ax +by=c¢
Dang ®, Iy —
aXx +b'y=c
Phwong phap giai:
1. Ph€hng phap th/].
2. Phehng phap ¢, ng LUis" .
3. Dung may tinh b, tYi.
4. Phehng phap I nh th ¢ Crame.
VD. Gili va bi nludntheo mh ph€hng trinh: é@m

mx (m 1)y m

Dx y m

HD.

m 1 m 1 m 1 m
1 m-1
1)Dz0 cenm ® & Z:x y 1
i)m=0:D D, D, 0YH tehng'€hng v, i m t phehng trinh: x -y =0
X 1
e ®
Vot

D m’ 2m; D, > 2m

‘ m* 2m; D,

m
m m-1 m

iii)m=2:D D, D, 0Y H tehng L'€hng v, i m t ph€hng trinh:

x+ty+2=0
Oe-x t
C—?/ 2 tite

* Bai tap luyén tap.
Bai 1. Cho h ph€hng trinh:
2
-é)nx 4y m~ 4
x (m 3)y 2m 3
a) V. igi§ tr nao c amrthih c- nghi m duy nhbit va nghi m L6 tho[
xty.
b) V. imtim € ¢ a), tim min(x + y).
Bai 2. Choh ph€hng trinh:
<ax y 1 a
x ay 1 a
V. igi§tr ndoc aarthih c- nghi m(x;y) tho[ 2x +y > 0.
Bai 3. Timbsaochov, im iah sauc- nghi m:
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-x 2ay b
g?zx (1 a)y b
Bai 4. Choh ph€hng trinh:

2a Dx 1
é@ )Xy
x (I ay 1

Gilih khia=0,a=- %
Bai 5. Gi[li va bi n ludn theo a, b h' ph€hng trinh:
{a b)x (a b)y a
2a b)x (2a b)y b
Bai 6. Gi[li va bi n ludn theo ah ph€hng trinh:
Hax (2 a)y 3
a Dx ay 2
G i(x;y)langhi m. Timh th cliénh X, ykhingph, thu ca.
Bai 7. Choh ph€hng trinh:
ax y b
X ay ¢ ¢
a)V.ib=0,gi[ivabi nludnh theoavac.
b) Timbsaochov, im ia lutntim € ccLWh c- nghi m.
Bai 8. Bi/t ring h  ph€hng trinh sau c¢6 nghi m:
-ax by ¢
& cy a
T ay b
Ch ngminh & »° ¢ 3abc.
V. HE PHUONG TRINH BAC CAO.
1. HE c6 m{t phwong trinh bac nhit.
Phuong phap: PP th] (R%t x hoic y t ph€hng trinh bdc nhbit thay vao
ph€hng trinh bdc hai)
VD. Choh ph€hng trinh

3

v om(x y)
y 1

@

1) Gi[ih khim = 3.

2) Tim m LW h ¢- 3 nghi m (x1. y1), (X2 2), (X3. y3)sa0 cho X;. Xa. X3
ldp thanh m, tchlp s™ ¢ ng.
HD. H L cho tehng '€hng:

2

Ly ) mx ) Ay oy m) 0
x y 1 x y 1
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ax y 0 a 1
I SR
(92) (E((
:jécz v xy m O f’y 1 x
«x y 1 X (1 x) x(1 x)y m 0
) 1 ()
o 2
«y 1 x 2)
i@cz x 1 m 0 (3)
* Bai tap luyén tap.
Bai 1. Gi[ih ph€hng trinh:
x 2y 1 0

Bai 2. Choh ph€hng trinh:
x y m 1
gF;)czy xy® 2m* m 3
a) Gi[ih khim=3.
b) Ch ng minhh ¢c- nghi mv im im. (NHQuy Nhhn - A99)

Bai 3. Gi[li va bi n ludn theo ah ph€hng trinh:
-X
@ x (HVQHQT - D97)
% y 8
Bai 4. Gi[li va bi n ludn theo mh ph€hng trinh:
o~ H na Ning- BYS)
8, Jo o0 (NH T
Bai 5. Choh ph€hng trinh:
X y m
Ty o my 2)
a) Timm LWh c- hhn hai nghi m.
b) Gi[ih khim=4 (NHQG Thf HCM- A97)

Bai 6. Cho bi/jt h ph€hng trinh sau c6 nghi mv, im ib:
ét(x2 v) x y b
v x b
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Ch ng minh a=0. (nH Ludt HN - A97)
2. Hé phwong trinh dwa dwoc vé dang tich.
Phwong phap:
Dang 1.
aF(x,y) O
F(0Gluy) 0 (Hxy) 0
(x,y) 0 G(x,y) O
«H(x,y) 0
Dang 2.
aF(x,y) 0
(H(xy) 0
:‘-F(x,y) 0
-F(x,y).G(x,y) 0 e ¢ (x,y) O
5K@xy) 0 0 (G(x,y) 0
<:@—I(x,y) 0
z-G(x,y) 0
SK(x,y) 0
VD 1. Gi[i h ph€hng trinh:
"®x2 5xy 6y° 0
2x° ¥y 1
ax 2y 0
<
H L3chotehngLehng & , " ) ° oejf%z v 1
x>y 1 -x 3y 0
«2x* y 1
VD 2. Gi[ih ph€hng trinh:
dog,(x* »*) log,2x 1 log,(x 3y) og, 4(x> »*) log,2x(x 3y)

ﬁ{) ) X ® ® X, 5
dog,(xy 1) log,(4y” 2y 2x 4) 10g4; I dog,4(xy 1) 10g4;(4y 2y 2x 4)

-4 2 2 2
Ay 2x(x 3y) o« 3xp 2y 0 e X & 2y) 0

e ® ®
S 1 f<4y2 2 2 4) TS w2 2 N D) 0
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ax y 0

«®

« v 0 x )

25% y oo« 2

«y 2.0 & 7 « g
® « e« y 0 e x 4

((% 2y O «x 4 ((C§}>_ 2

Sy 0 @ )

« 5 0 £y 2

wx 2y

€ 20

3. Hé phuong trinh ddi xirng loai 1.

g(x,)
ph€hng trinh va do L'6 trong h  ph€hng trinh nh€ nhau:

&5 x,y) f(y.x)

gxy) g(y,x)
Thbly ngay (x; y) la nghi m khi va ch” khi (y; x) 12 nghi m.
Cach giai:
« Dang 1. Thing th€ ng ng€ ita LHt Xn ph, :

S=x+y, P=xy

La h phehng trinh ding &5(’“’” 3 trong L- vai tro ¢ a X, y trong t ng

Vidu: Gi[ih :
%Zy xyZ 6
xy x y 5
NtS=x+y;P=xyvah Ldchotr thanh:
a(@s; 2 a_f®y 2
< &
-SSP 6 «r 3 & 3 P
Y nghi m(1,2); (2,1
& p soej.s 3082.& y 3 nght m (1,2); (2.1)
&P 2 % 2
*Dang 2. Bilnl' ih vQ Mx) @) (8 (v).
nit s Mx) &).P M ()
x y 5

Vidul: Gi[iK phehngtrinh @
-x 1 y 1

o Dy 1 6

D o D@3B D o D@ 1y 1 35
NHtS=(x+ 1)+ (y+ 1); P=(x+1)(y + 1) h ph€hngtrinh tr thanh:

s (XB)

H tehng L€hng
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Vidu 2: @ 7 7 8
xy(x Dy 1) 12

, S ox oy , 0 : -S> S 2P 8

NJJu LHt : ,tathul€ ch sau:

L @3 xy —®P(P S 1 12

x(x 1) y(y) 8

x(x Dy(y 1) 12

NAt: S=x(x+1),P=y(y+1)

H L4 cho tehng L€hng Vv, i:

lam th ph ctip.

Ch cfnbinl’ ih thanh @

S P 8 6 S 2
®SP 12 ‘Ig@ 2
Nhe vdy (X, y) langhi mc¢ ac§ch phehng trinh sau:
° 2 x 1 2 B
i) ® o e )E@ oY Ta c6 4 nghi m (1; 2), (1;-3),(-2;2),(-2;-3)
ey y 6 3 2>y 3
€ x 6 x 2>x 3 , P
i) ® € ® Taco4nghi m(2;1),(-3;1),(2;-2),(-3;-2)

Suy ra nghf mc, a h ¢c68 nghf m.
eDang 3. H Llachokhéng 'ix ngl iv ix, ynhéngl ix ngl iv i
Mx,y), (x,y)nao L. BUInL ih vQ My,y) (x»), My). (k).
Vidu 1: Gi[i h ph€hng trinh
x(xy 1) y(xy 1) 14
%(xz y?) 24
Thbly ngay h khong " ix ngl iv, ixy.
Co thW c['m giac Mx,y) x(xy D, [x,y) y(xy 1), tjc r¥ng khong co
L€ ¢ Mx,y). (x,»).
2
Tabinl’ ik tehng l'€hng Z(@ v ) 1
*’y o) x y) 24
Thily ngay h L'i xng L'i vi M.y, (xy trong L6
Mx,y) x’y xy* xp(x y), lny) x y.

(XB)

Z%zy xp? 12 3y x 2 a-)é? x 2
< K
X 2 xy(x 12 x(x 2)2x 2) 12
H tehng Lehng: Y i e i:xy( ») e :26 Jex2)
«-éc y xy. 2 P G 12 (?; x 12
«x y 12 Lxy(x y) 2 g(x 12)2x 12) 2
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Vi du 2: Gi[i va bi nludntheo ah ph€hng trinh

;;x2y5

ox 2
®
oX y a
AT
Thely ngay h L'i xng Ui vi My, (xy trong L6
M, v) % (x) x 2y. Tuy nhién tinh L' i x ng* Lay ch’ co tinh
x 2y

tehng L i vi bn thély LBy Ads, ») 12 20, con 1(x,y) x 2y thikhong co
Yy

.. P L. -My)  Lxey) S
LiQuki ngi. Tacoh : @
0 8 “Mx; ). (x;y) a

Suyra Mk, »), [x)langhi mc, aph€hngtrinh X> 5X a 0 (*)
Vi phuhng trinh ¢6 thW ¢6 nghi m byng 0, khi L'6 ch” ¢6 | (x,y)nhdn nghi m
'6 thoi. Nhe€ th/] nén phli xét hai tré ngh p:

x 2y 0 x 2y O
. -Mx;y)  (xy) 5 -lgy) 0 ° 8
a=0: @ oe e @ e 1
) “My;y). (xy) 0 ‘W) s o 2 5 « @y

5
ii) a = z0: Ph€hng trinh (*) c6 nghi mch khi ' 25 4at 0cea d%. Hai

nghi mc a(*)la 22 4 V2254“

H tehng l€hng v, i

1 5 25 4a ""é 5 2 5 V25 4a
« <°x y

<& 2y 2 < 5 V25 4a 2a

“ 5 J25 4a € 5 25 4a

Kox 2y - T - “ax 2y - v/ -

« 2 e ¢ 2

< 1 5 25 4a < o 2 5 25 4a
% 2y 2 <<£@ Y S 25 4a 2a

¢ ¢

« 5 25 4a <& ) 5 25 4a
e
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a_
Z;x 2y 5 V25 4a «@X d N25 4a *’254a.§1 1
«2@ 2a «2@ 4 © a:
R 5 J25 4a o5 25 4a § 1
@ 2y Y22 Ty ———— —
e < 2 m« 8 © a
«
o 2y S N25 4a o« 5 V25 4af 1
«2@ Y 2a :(‘ERD 4 © a
oy 2y SN2 da 5 D5 dag ]
«gZC y > «w —1 =
4 8 © a -
* Bai tap luyén tap.
. - 2 1
Bai 1. Gi[ih ph€hng trinh _; yy3 xlyl (XB)
.. oo 2(x ) x|l
Bai 2. Gi[ih ph€hng trinh @, 2 (XB)
Xy xy
_ 2 2
Bai3.Gilih phéhngtrinh @ ~ * 7 > (XB)
xw(x y xy 1) 6
o2 2 .
Bai4. Gilih phehngtrinh @~ ° (nH Ngoli Thehng A98)
%" x7y" y 13
- 1
e it —) s “
Bai 5. Gi[ih ph€hng trinh ® 4 (nH Ngoli Th€hng A99)
5 5 1
7oy = =) 49
éx y l l 4
Bai 6. Gi[ih phthngtrinh @ ly 1 (NH An Ninh A99)
:262 yz x_z ? 4
@F Ji 7
Bai 7. Gi[ih ph€hngtrinh &y Vx xy (nH Hang HIi A99)
Ty pfxy 78
Bai 8. Cho h ph€hng trinh _C;)Cz 4 zxy "
Xy m

a)Gil[ih khim=5
b) Tim thlt c[ cac gid tr m LWh' c6 nghi m.

_ 2 2
Bai 9. Cho h ph€hng trinh @ ° 7 8
xy(x Dy 1) m

Tran Xudn Bang - GV Truong THPT Chuyén Qudng Binh
Phurong trinh va Hé phuwong trinh Dai so

20



Tran Xudn Bang - GV Truong THPT Chuyén Qudang Binh

a) Gil[ih khim=12
b) Tim thlt c[ cac gid tr m LWh' c6 nghi m.

Bai 10. Cho h ph€hng trinh _cri)cz 4 )
Xy xy° 3a 8

Xy a

a) Gi[i b khia= %

b) Tim thlt c[ cac gid tr aLWh co6 nghi m.
Bai 11. Choh ph€hng trinh _cri)cz

X'y xpt m

y xy m 1

a)Gilih khim= 2
b) Tim thit c[ cac gia tr m LWh c6 it nhblt m t nghi m (x;y) sao cho x > 0,
y > 0.

4. Hé phwong trinh ddi xirng loai 2:

La h phehng trinh ding _é((x’y)) (()) trong L- nfju thay I i vaitro ¢, a x, y
g\x

cho nhau thi ph€hng trinh nay tr thanh ph€hng trinh kia va ng€ ¢ 14i. Vai
trd ¢, a X, y trong t ng ph€hng trinh khong nh€ nhau nh€ng trong h ph€hng
trinh thi nh€ nhau:
() g(r,x)
gxy) f(,x)
Thbly ngay (x; y) la nghi m khi va ch” khi (y; x) 12 nghi m.
Cach giai:
Tr t ng vl ¢, a hai ph€hng trinh ta L€ ¢ ph€hng trinh tich
VD1. Gi[ih ph€hng trinh

2

° 1
5, 7 () (NHMTCN - A98)
v 3y x (2)
Tr. t ng v/ (1) va (2) cho nhau, ta co6: Xz—y2=3(x—y)+x—y
& 0
e(x-Y)(x+y-H=0 @,
¥ vy 40

)x-y=0 cey=xthayvao (1): x*-2x=0 cex=0, x=2.
Ta c6 hai nghi m (0; 0), (2; 2)

f)x+y-4=0 cey=4-xthayvao (1): xX’=3x-4+x cex=2
Ta c6 nghi m (2; 2).
Tom 14i, ' ph€hng trinh I'd cho ¢6 hai nghi m (0; 0), (2; 2).
VD2. Xac 'nha<0LWh sauc- nghi m duy nhbit
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ov2 2

g ¢ D (HDE ¢ - A97)

xy° a x 2)
Tr t ng v/] (1) va (2) cho nhau ta co:

-9 =YX @ -Ey Xy =0 T
¥ x y 0
Doa<Onént h Ldchosuyrax>0,y>0nh€th]xy+x+y=0vd
nghi m.
V ix-y=0 cey=xthayvao (1):x°-x =a
nht f(x) =x*- x>, x> 0.
f'(x) = 2x - 3x° X 0 32 + f
£109=0 o x=0,x=13 fw 10+ O :
Thbly ngay v, im i a<0 f(x) / \
ph€hng trinh (*) ¢c6 nghi m 0 - f
duy nhblt nén h ¢6 nghi m
duy nhblt.
* Bai tap luyén tap.
éx 3y 42
Bai 1. Gi[ih ph€hng trinh @ * (NHQG HN -A97)
:y 3x 4%

dog 3x 2y) 2

Bai 2. Gi[ih ph€hng trinh Bog 3y 20) 2
0g, 5y 2x

(nH Coéng Loan - A97)

2 L3

Bii 3. Gi[i il ph€hng trinh @ f ’; (NHQG HN - BYY)
2y = >
X oy

ov2
Bai 4. Cho h ph€hng trinh ®x2 (- y) 2m

v (x y) 2Zm
a)Gil[ih khim=0
b) Timm LWh' c6 nghi m duy nhblt. Tim nghi m 6.
(nH Cong Loan - A99)
o3
Bai5. Gi[il phehngtrinh @

3 (NHQG HN - D99)
%

3y 8x
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2

§ é2x2 y a
Bai 6. Cho h ph€hng trinh @ Y
2y x @

X
Ch ngminhryngh cénghi mv, im ia.

5. Hé phwong trinh ding cap.
: g(fx,ly) ' f(x,y)

&5 (x.y) a M trong L -
gxny) a2 g(ty) 1'g(x,)
Mt ng: &é‘(x,y) F(x,y) 3)
g(x,y) Gx,y) (4)

trong L6 f(tx, ty) = t“f(x, y), g(tx, ty) = t'g(x, y) : cung L'3ng cblp bdc k.
F(tx, ty) = t"F(x, ), G(tx, ty) = t"G(x, y) : ctng L'3ng cblp bdc m.
PPGiai: Xét x = 0 c6 phli 1a nghi m.
Xétx z0: Nty =tx
VDI1: Gi[ih ph€hng trinh:

3 3
& v 7 (HVQHQT - D97)
(xoy) 2
HD.
A A
H Lachotéhnglehngv i: @, ~ |
Xy xy© 2
T ph€hng trinh th hai thbly ngay x 20,y z 0. nit y = tx.
or3 3 o3 3.3 3 3
H@x v tr(thélnh®)C X 7oe%@(lt)7
%’y xS 2 o tx 2 %@ ) 2 (%)

T (*)tathbly + z0,s . Chiat ng v/] ¢, a hai ph€hng trinh, ta c6:

1 72 1 2 1
! 7oe L1 %oezt2 5t 2 0 oot 2,t§

t £ 2 t
i)t=2thay vao (*)tacox’ =-1 cex=-1,y=2x=-2

ii)t=%thayvélo(*)tacéx3=8 ®x=2,y=1x=1

VD2: Gi[ih ph€hng trinh:

N | —

3x* 2xy 2y° 7
®

%° 6xy 3y° 8

HD.
T ph€hng trinh th hai thbly ngay y z0. nHt x = ty.
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3x* 2 2y* 7 3t7y* 27 2y 7 3t 2t 2) 7 1
0 e Y e
% 6xy 312 8 T 6y’ 3y 8 (6 3 8 (2
T (1) thbly ngay 3* 2 710, ¢.Chiat ngvl]c, a(2)cho (1):
2
Lo Y st 26t 5 0 Lt
3t7 2t 2 7 31
***Chu y: Co6 thW gi[i h L& cho theo cach sau:
H L4 cho tehng L€hng Vv, i:
D4x> l6xy 16y° 56 D4x> l6xy 16y 56 (1)
® 2 2 e ® 2 2
Ix° 42xy 2ly 56 B1x” 26xy S5y~ 0 (2)
Ta gi[i (2)
31x* 26xy 5y 0
e 3lx 5y x y 0

a  3lx
Blx 5y O —
® « ' ¢ s thay vao (1)
X 0 «
y S x
* Bai tap luyén tap.
o2 2
Bai 1. Gili b phehng trinh @~ 3530 (NHQG M, - NC -A98)
Xy

2 4xy y2 k

2

Bai 2. Cho h ph€hng trinh D®)C
" 3xy 4
1) Gi[ih khik=1,k=4.
2) Ch ngminhrdngh coénghi mv, im ik z4.
2 2
Bai 3. Cho h ph€hng trinh (%f o y2 H
x° 2xy 3y° 17 m
1) Gi[ih khim=0.
2) Timm LWh coé nghi m.
(NHQG Tp H™ Chi Minh)

3 3 1 2
s — 1
Bai 4. Cho h ph€hng trinh Y2 @D

[°@ 3!

3

¥ oax’y xy° 1

Tim thlt [ cac gia tr ¢, aasaochoh c6nghi mvam inghi m(x;y)c, a
h LQutho[ x +y=0.
HD.T dbuhi ucfnx+y=0 cey=-xthay vaoh ta co:

; 1 w1 0

E(@“ D 2 l)zVal La ye«; e !
o . 2 a 2 «— @) & a0
2 a)x 1 2 a 2

Tran Xudn Bang - GV Truong THPT Chuyén Qudng Binh 24
Phurong trinh va Hé phuwong trinh Dai so



Tran Xudn Bang - GV Truong THPT Chuyén Qudang Binh

eca 0»>a 1
Xétt ngtr€ ngh p, xem gia tr a nao tho[ LiQu ki n bai toan.
6. Cac hé khac.

3.3
VD1. Choh ph€hngtrinh @ ~ lm(x »)
Xy

1) Gi[ih khim=3.
2) Timm Wh ¢6 3 nghi m(xy, y1), (X2, y2), (X3, ¥3) sao cho x;, X, X3 Idp

thanh m tebps™ ¢, ng trong L' |x|.|x] 1 nhhn 1.
ax y 0
<_
HD E%} yomx oy) Ax & xy yt om0 (X Y]
x y 1 x y 1 “X xy ¥y m 0
‘®
«x y 1
a 1 a 1
&Yy Xy
e « e «
«y x 1 & x 1

i&?czx(xl)(xl)zmo %®x1m0(*)

Khi m > % ph€hng trinh (*) c6 hai nghi m va trung binh ¢ ng hai nghi m

bing - % Do L'6 ba nghi m L'4 1dp thanh chlp s” ¢, ng. G i hai nghi m nay 1a

X1, X thicblp s” ¢ ng Lo la: xy, - % ,Xp . Taphlico |x| I]x,| 1

Thbly ngay ch’ cfn |x,| 11 Y |x|!1 (do xi, X, L" i x Nng nhau qua - % ma - 1

gfn—%hhn 1). Ta phli co: |x,| 11 ool Yd4m 3 “24’"3 1 cel 2v4m 3 4m 3 !4
-m 12 m 12
1 2J4m 3 4m 3'4ce~4m 3 2m 40 @ ® @

Am 3 4m® 24m 9 m° Tm 310

VD2. Choh ph€hng trinh ® all )
xy x y 2 0

1) Gili b khia= %
2) TimaWh c6 nghi m.
VD3. Gi[ic§c h ph€hng trinh:

x y 1
1) @3 3 2 2
oy Xy
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x” y 1
e oL
Xy o x )y

2 2
VD4. Gi[ih ph€hng trinh %y (2x f ) =
Fx(x” y7) 10y
e s T S
VDS. Gi[ih ph€hng trinh @
4xy x 2y 7
HD.
C, ngt ngvl] tal€ c(x+2y)+(x+2y)-12=0
Suyrax+2y=-4,x+2y=3.
T ph€hng trinh th hai:
1) x+2y=3suyraxy=1

ii)x+2y=—4suyraxy=%

2 2
A - 4
VD6. Giadi hea phodng tr|%1 o
Xyl yy 1l 2

HD.

2 2

X X 4
M eo, *, ..
%% y2 x y xy 2Yxy 2

Tacod x y;P xyY § ¥ ¥ 2x3vy ¥ y¥ § 2F
& 2P S 4 -P 2

Vas
aal e @ P S 2 a—:‘_é@ OhayS !
S xy 0 . . N A <
TH,: ® w2 vaay x, y lag nghieam culia phodngiriok 2 0
.. .. N X.. y2 2
Vaay heacou2ngh%§arh/_ hay%( V2
x 2 ¥ 2
S xy 1 . . N A N
THZ:@) w2 vaay x,y lag nghieam culia phodongtrich 2 0
S .. . < X, 1 X 2
Y X 1hayX 2.Vaady heéacou 2 nghgam_V @
vy 2 Yy
J2 V2 X 1 X 2

. X 2 X
Toum laii hea Pt (I) cou 4 ngleeam _ V @ V ® V ®
0 g°y 2 oy 2 Yy 2 y1
Cach 2.
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o2 2 4 2,2 2
(I)oeé(yxy oe%(yxy4oe%xy)xy0
%% y2 x y xy 2 Xy 2 xy 2
oe%( y Ohayx vy 108% y Ohayx y 1
xy 2 xy 2
. y ox y 1 x /2 x 2., x 1 x 2
®E ® hay @ ® @ V ® V ® Ve
2 2 x* x 2 0 sy 2 W 2 Yy 2 vy 1
VD7, Giadi hed phoong tiny 2* Y L VX ¥ 1 |
3 2y 4
HD.
o\/2X 1 X 1
| Oe@\)/ y 1 Jxy
*2x y 1 x vy 5
Naéu 2x y 1tO0yv x yt O
() th hg v 1 \"(aul 2Yv, 1
agn .
w@ v 5 U, 1Yv, 2 loai
. o/2x y 1 2 2x y 1 4 X 2
Vaay|l e ® ® ® € ®
<x y 1 x y 1 y 1
x> 2x 2 ¥t
(1

VDS8. Giali hea phoong tn‘m%

Yy oy? 2y 2 Il
ntitu=x 1,v=y 1

6 2
() thanh () & V¥ 13
v oWv? 1 3
Xétham f(x) x vx% 1
Fag 1 X WL x XX
\/x2 1 \/x2 1 Vx? 1
Vdy f [ ng bifn trén R.
NJjuu>v Yfu)>f(v) Y313 Y v>u(voly)
Tehngt njuv>uclngdnLinvt IT

Dol-H (I) ed V¥ 1 3 L 30F 1 ua
‘u v U Vv
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nit: g(u) 3'GWu? 1 u)

. § |
Yg'(u M3’ 1 u) 37 1,
au> 1
10, u*R

gu 3'vyu* 1 u§n3
©

Vdy g(u) " ng bi/jn trén R.
Ta c6 g(0) = 1. Vdy u =0 la nghi mduy nhblt ¢ a (1)
Nén (II) ;e u=0=v
Vdy (I) eex=y=1.
##%Chi y: mWch ngt u=vco thl bijn L i:

PR

v Vw1 3uVJi o1
W2 1 3u 1 v WVl

u
®
Vv

LU AU \/ 1
Y p (*)
Xéthams™ f(t) t “t Ly " ng bi/Jn, nén (*) suyrau=v.
VD9. Cho il phehngtrinh & » 20 9
°(x »)? 4

1) Gi[ih khia=1.
2) Tim thit c[ c§c gi§tr ¢, aalWh c- L¥%ng hai nghi m.
°x2 ¥ 21 a) - x>y 201 a)

HD. Cach 1.
e()C y) 4 ™ vy 2)x y 2) 0
ax? yr o2a a2 x)? 21 ax? 2x 1 0 1
«é}c yo 2 a) <i)E@( x)” 2(1 a) «f® x a (1)
«X ¥y 20 & 2 x «¥V 2 x (2)
oe“2221 08‘”2 221 oe“221 0 3
&Y (1 a) g<x®( x)” 21 a) & a (3)
« y 2 0 ¥ 2 x « 2 x 4)
ax* 2x 0 ax 0»>x 2
® 2 x @ 2 x
1)a=1:H Llachotr thanh oe«y e <
XX 2x 0 “x 0>x 2
<® <®
Y 2 x &y 2 x

Suy ra 4 nghi m (0; 2), (2; 0), (0; - 2), (- 2; 0).
2) H c- L¥%ng hai nghi m.
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Nhdn x6t ring (1) va (3) cé cung bi ts ''=a. Suyraa t0

xa > 0: M, i phehng trinh (1) va (3) ¢6 2 nghi m phon bi t, trong khi t
(Q)va(4)taco2-x z-2-xv. i xnénh c- 2 nhbit4 nghi m. Suyraa>
0 khong thol .

xa=0:H (1)&(2)c- nghi m(1;1),h (3)&(#)c- nhi m(-1;-1). Vdya
= 0 thol.
Cach 2 (PP Hinh hoc).
Thbly ngay a to. Trongh tod L, neé-cac Oxy:
XemPt x> > 2(1 a),a to I"PtL€ ngtron (O, R),R= .20 a
Xem (x +y)’ =4 ce(x+y-2)(X+Yy+2)=0I" phehng trinh hai '€ ng
th3ng:
'x+ty-2=0, ',:x+ty+2=0
Hai '€ ngthing n"y " i x ng nhau qua O.
Pt c- L¥ng hai nghi m ce ', tiflp x¥%c v, i (O, R)(do L~ ', clng tif]p X¥cC V. i
(O, R))

®d(0, ' )=R oe% 20 @) ea=0.

VDI10. Cho i phehng trinh @, “ ¢
x ¥y x 0
1) Tim thit c[ c§c gi§tr ¢,aaLWh c- hai nghi m phOn bi t.
2) G ihainghi mla (x;;y,), (x,;y,)1a hai nghi m. Ch ng minh ring:
(x,- X2)2 + (Y1'yZ)2 di
HD. 1) Trong h tod L, né-cac Oxy:
Xem phéhng trinh x + ay - a =0 | ph€hng trinh '€ ng th3ng d.

Xem ph€hng trinh x*+y* - x = 0 I phehng trinh ['€ ng tron I(%; 0),

R:

H c¢- hai nghi m phén bi t khi ch” khi L€ ng th3ng cdt L€ ng tron tdi hai
L'iWm phén bi t

N | —

‘1

— a
12 1
NI

2) G i A, B I c8c giao LiWm ¢, a '€ ng tron I(%; 0) v’ L€ ngth3ng d.

KhiL- A(x,;y,), B(x,;Y,).
ABlam tdoycungc, al€ ngtronnén AB d2R =1.
nW i ring AB = (x,-x,)’ + (y,-y,)°. Tac- Lpcm.

1

ced(I,d) <R ce ECE 1 a® |l 24| el o '4a® 4a 100 a %
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VDI11. Gi[i h ph€hng trinh:

ol 5 1 x, o 1 xy 1980 i;g;
®
T x U x o JT x 198027

1980
HD.
Nt a 1/ X341 e
v \c}f\uﬁ(izl,z,...., 1980), fo\ifmgoﬁ (1)

1
il

1980 JG
MHit kh8c :al. JIoxoo \/1 xlggo;\/l X e Al X0

il

\/\/ - L X 2 VI X T X 2

=./1980.1981 1980.1979 19802 (2)
T (1)&(2) suy rac8c vBc th a.(i 1,1980) c%.ng ph€hng, c%ng h€ ng, c¥%ng L,
dai.

~ 198
Nh€th] X, =x= .. X80 Y {1 x 1 x VI Xiog 1930

) 1980 J

’ 1
Y = = =
X1 = X2 = ... X1980 1980 "
VDI12. Gi[i h ph€hng trinh:
o 2 2
5 7 65’“2 (NHSPHN - A2000)
Xy X

HD. Thhly ring x = 0 khong tho[ ph€hng trinh th  hai.
Chia hai v/] ¢, a c[ hai ph€hng trinh cho X%, ta co:

_ 2
2 - 6 23 y .0
1 X ® )(C@©
Py )’2 5 55 y2 5
X X
1 Y oo Wy 6
Nty — y,v = Y
’ x 7 x %2 2v 5
* Bai tap luyén tap.
e yz Q
.. T . ° 9 A L
Bai 1. Gi[i1h ph€hng trinh 1 o 0 | (B, LQ thi TS)
—_— —_— x —_— —_—
f yi13 y‘ 3 7 y
Tran Xudn Bang - GV Truong THPT Chuyén Qudng Binh 30

Phurong trinh va Hé phuwong trinh Dai so



Tran Xudn Bang - GV Truong THPT Chuyén Qudang Binh

Bai 2. Gi[ih ph€hng trinh x* +a’=y* +b> =(x - b)’ + (y - b)".
(B, LQthi TS)

3

é7x y a_2 0
Bai 3. Cho h ph€hng trinh ® ’;3 (nHHW] - A97)
& Ty 7 0

Ch ng minh h c6 nghi m duy nhblt khi a > 0. Con Lung khong khia <0 ?
(2xty)’ 5(4x* y’) 6Q2x y)* 0
Bai 4. Gi[ih ph€hng trinh

5 0
=E Y 2x y
(nHXD - A97)
‘e s . x y xp 11
Bai 5. Gi[ih ph€hng trinh @, ~ | (NHQGHN - D2000)
x ¥y 3(x y) 28

oy2 2
Bai 6. Gilihl phehngtrinh @ , ~ 3x 4y 1

(NHSP2HN - A99)
x> 2y° 9x 8y 3

2

o2
Bai 7. Gilih phehngtrinh @ ' * 7 (NHSPHN - B2000)
x oyt o xyt 21

e — . o’ 3y* 2xy 9 .
Bai 8. Gi[ih ph€hng trinh @ (nHSP TPh  HCM - A2000)
2x° Yy 2xy 2

s - 11
Bai9.Gi[ih ph€hngtrinh @, ~ (NHGTVT - A2000)
xy xy- 30

2 2 2

Bai 10. Gi[i h ph€hng trinh @%x é) A z trong L6 log,x , log,y, logz theo
xyz

th t Lo 1dpthanhm tchlps ¢ ng. (nHNgoYi Ng - D2000)

Bai 11. Tima LWh sauc- nghi m

2

o’ 2xp 3y° 8
®
2x° 4xy 5y a* 4a’ 4a° 12 105
s - 2
Bai12.Choh @, =~ "
Xy xy0 m 1
1) Gi[i h khim=-3.
2) Xac'nhmLWh coé nghi m.

(NH AN - A2000)

(nH CS - A2000)
&8 12
Bai 13. Gi[ih ph€hng trinh: @y 1 o> : (NHCong noan- A2000)

) xy 6
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Bai 14. Tim thit c[ cac gia tr m LWh sau c6 hai nghi m phan bi t:
or3 2 2
g L™ (H Vinh - A2000)
VXt Ty omy

VI. Phuong trinh va hé¢ phuong trinh khéng miu muc. (Xem ph€hng

trinh khong mXu m c)

VII. Phuong trinh lweng gidc (Xem ph€hng trinh 1€ ng gic).

VIII. Phwong trinh vo ty.

1. Pwa phuwong trinh vé dang tich.
VD. Gi[i ph€hng trinh: x> 2x Jx 6 4

HD. Ta c6 ph€hng trinh La cho tehng L€hng v, i (x 1)° {J(x 1) 5 5
9t 5 @ Nt 5 0 Oe‘((t@ Jio s Nt 5 1) 0

e ®@E
T x 1 T x 1

2. Gidi phwong trinh trén tirng tap con cua tap xac dinh.
VD. Gi[i ph€hng trinh: Vx> 3x 2 x¥* 4x 3 2x* 5x 4
HD. TXn: ( f;D)%d4; f)
Ph€hng trinh L'a cho t€hng L€hng:

Ja Dix 2) J&x Dix 3) 2y(x D(x 4)

Thbly ngay x = 1: Tho[" ph€hng trinh.

i) Néu x t4:
Ph€hng trinh L4 cho t€hng L€hng: \/(x 1) vx 2 +x 3 2Jx 4 0

Oea\/x 1 0 (1)
«/x 2 Jx 3 2Jx 4 (2)

(1) cho x= 1 (loYi).
(2Q)vonghi mvivx 2 1Jx 44x 314x 4Y Jx 2 x 31 2Jx 4
i) néu x <1:
Ph€hng trinh La cho t€hng L€hng:
JO 02 x) U 06 » 20 0@ x)
®Vv2 x 3 x 24 «x (3)
(B)vonghi mviv2 x 4 x~B x V4 x¥Y V2 x B x 244 «x
3. Bién doi twong dwong cic phwong trinh. "
(xem cac ph€hng trinh chuylin vQ ph€hng trinh bdc nhbit)
4. Cac phuwong trinh vo ty khong mau mure.
(Xem ph€hng trinh khong mXu m )

VDI1. Gi[i phehng trinh 22°%/(1 +x)* +3*N1 -x* + 29/(1-x)* = 0

Nhanthdyx=r NK,QJ OZ QJKL P FED SKt..QJ WU°QK
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'R t% SKt.. QJ WU°QK ta FKR WT..QJ t1..QJ YAEL

-X
22009 3 0 1
V V1+ M)
it 2009 —t. Suvra: 2009/ —_ X l
\/1- y V1+X

3KT...QJ WU°QK WU A WKZQK

1 g=-1
2t =3 0 ce2t’+3t+1=0 e« 1
- 2

1 +x . 1 +x _
+Veit=-1: T lYl_X 1 3Kt..Q0J WU°QK Y, QJKL

. 1 +x . 1+x 1 . 1 +22%
+Vé6it=-—: % Y =
7 1-x

1
—_— X = @ —
2 1 - X 22009 1 _ 22009
VD2. Gil[i ph€hng trinh sau:
Jx* 2009 2009
HD. Cach 1. x* +/x* 2009 2009 oex' x? % x* 2009 +/x* 200 %

e % 1 2 & 2000 L 2
© 2°*1 © 2
Cach 2:
nit (1) y= x> 2009 Y »* x> 2009 (1)
t ptLlachosuyra: xt y 2009 (2)
T ()va2)suyra: x* y y* x°
ex' Xy ¥y 0l »x* y 1) o0
Cach 3:

pt La cho t€hng L€hng:

(3 2009) ¥ NxE 2009 0 ce(x® Nx® 2009)(x: Nx* 2009 1) 0
VD3. Gi[i ph€hng trinh:

1 V1 ¥ x(1 2J1 x%)

HD. nK: |x| dl. NAt x sinz,z ¢
Ph€hng trinh L'a cho tr thanh :
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1

. t . . . t t . .
1 cost sint(l 2cost) ce ﬁcosa sint sin2t 2sm%cos§ 090055 é/zsm% 1 0

1
Suyra x —
Y 2

VD4. Gi[i ph€hng trinh:

T i o \/1 2x \/1 2x

I 2x VI 2x
HD. NK: |« % Nt 2x = cost, 7 +(0; §

Ph€hng trinh L' cho tr thanh: 2 Rinl cost " tanl cotl
© 2 2 01 2 2

. t . .
2 '§"’sm£ oS — i ®e2(l sint) —
© 2 2 *1 sint sin

cesin’s sin’t 2 0

2¢

cesint 1 Ycost=0 Yx=0
VD6. Tim m LW phehng trinh: ¥x* 13x m x 1 0c- L%ng 1 nghi m

(B2007-TK1)
HD. Ux* 13x m x 1 0 (1)
(1) e¥x* 13x m 1 x

ox dl -x dl
e ® e ®
ot 13x m 1 x° 4x* 6x* 9x 1 m

yebt cel€ ngthingy = — mcdt phfn 7 th f(x) =4x’ —6x° = 9x — 1 v, i
x d1t4i 1 LiWm

f(x) = 4x’ — 6x* — 9x — 1

TXn: x dl

fi(x) = 12x* — 12x — 9 = 3(4x” — 4x — 3)

fx)=0 4’ —4x-3=0 cex %>x g

x|—f '/, 1 ) + f
£l  + o - V/H/0//H

£l C”\M M +
f 12 cT

T blng bi/]n thién ta co:

ycbt ce mg> m 12ce m l;’>m!12
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* Bai tap luyén tap.

Bai 1.
Bai 2.
Bai 3.
Bai 4.
Bai 5.
Bai 6.
Bai 7.
Bai 8.

Bai 9.

Gili va bi n ludn theo m ph€hng trinh: Vx> 2m 24x* 1 «x
1 1

Gil'i va bi n ludn theo a ph€hng trinh: x ,[x ~ g 0

Gili va bi n ludn theo m ph€hng trinh:Vx* 2mx 1 2 m
Gili va bi nludn theo a phehng trinh:va x a o x
Gi[i ph€hng trinh: 2(1 - x)v/x* 2x 1 x> 2x 1 ]
(nNHD€ ¢ HN - A97)
Gili ph€hng trinh: (4x - DVx? 1 x* 2x 1
Tim m W ph€hng trinh sau c6 nghi m:x-m= v2x> mx 3
(NHGTVT- A98)

Gili ph€hng trinh: Vx> 3x 3 Vx* 3x 6 3

(nHTh€hng MYi - A98)
Gili ph€hng trinh: v3 x x> V2 x x* 1

(nHNgoli Th€hng - A99)

Bai 10. Gi[i ph€hng trinh: Jx V2x 1 Jx V2x 12

(NHQuy Nhhn - A99)

Bai 11. Gi[i va bi n ludn theo a ph€hng trinh:

2Na x Aa x \/a x Jx(a Xx)

Bai 12. Gi[i ph€hng trinh: x> V5 5

Bai 13. Gi[i ph€hng trinh: \/x N2ax @ \/x V2ax a* 2a
2

Bai 14. Gi[i ph€hng trinh: —= V3x 2 1 x

V3x 2

Bai 15. Gi[i ph€hng trinh: Jx 1 Ix 2 J2x 3
Bai 16. Gi[i ph€hng trinh: 1 %\/x ¥ Jx 1 x (NHQGHN - A2000)

Bai 17. Gili phhng trinh: x(x 1) x(x 2) 2vJ/x* (NHSP2HN - A2000)

Bai 18. Gi[i ph€hng trinh:

1 a(x 1)

\/_11 1 (NHBKHN - A2000)
X X X

M6t s6 phwong trinh vo ty
qua cac ky thi DH tir 2005 - 2008

Bai 19. A2008. 7°P F‘F JL* WU WKDP VA P - SKt
nghiém thuc phan biét: 42x +2x +¥6-x +/6-x =m(m )
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Bai 20. A2007. Timm - SKt..QJ WWU°QK VDX F¥% QJKL P WE
3Wx-1+mix+1=2Yx*-1

Bai 21. B2007. &KRNQJ PLQK U"QJ YAL P%L JL* WU- Gt..

SKt..QJ WU°QK VDX F% KDL QJKLP WKOF SK,Q EL™W

x*+2x-8= m
Bai 22. B2007-TK2. Tim m LW phehng trinh: 4x2 1 vx m c6 nghi m.
Bai 23. D2007-TK1. Tim m LW ph€hng trinh:
Jx 3 2Jx 4 4x 6Jx 4 5 mc- L¥%ng2nghi m

; 22X y m O
Bai 24. D2007-TK2. Tim m LW h ph€hng trinh :

ai im p g trin g \/@ 1
duy nhblt

Bai 25. B2006. 7°P P - SKTt..QJ WU°QK VDX F% KDL QJKL
x> +mx+2=2x+1
Bai 26. D2006. *LeL SKT.. Q&-WU*OBK1=0x¢+ )
Bai 27. B2006-TK1. *LeL SKT..QJ WU°QK
\/3X-2+\/X-1:4X-9+2\/3X2-5X+2,X'
Bai 28. D2006-TK2. *LL SKt..QJ WU°QK
X+207 -x =20x-1++/-x>+8x-7,x *
Bai 29. D2005. Giai SKt...QJ WU°QK
2\/x+2+2\/mﬂ/m=4(x,y- )

c6 nghi m

IX. H¢ phwong trinh vo ty.

Phwong phap giai

1. Bi/jn U i vQ tch.

2. Gi[ih trént ngtdp conc, atdp x&c L nh.

3.Bi]n L i tehng L'€hng.

4.S d, ng c8c ph€hng phap gili ph€hng trinh khong mXu m c.
xnHt Xn ph, .
xn’" i ldp.
xPP hams™ d Loan va ch ng minh khing con nghi m.
xKh[o sat ham s” .
xDung dblu hi ucfnval, .
x Duing min max.
xPPHinh h ¢
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R °\ -1=1
VDI1. Gi[i h ph€hng trinh Y

®
o/x-y+2=2y-2
HD.H ph€hng trinh L4 cho t€hng I'€hng:
_x+y2 -X2y -X2y ;xl
®-y+2=4y’- 8y +4 B @-2y+2=4y-8y+4 e dg-6y=0 & ®§
—y t1 v t1 v t1 Y )

I +x+v+1+ +x+v+1+x+v=18
VD2. Gi[i h ph€hng trinh @ oxT Fx Ty VY Hxty x+y

\/x +x+y+tl+y? txty+l-x-y=2
HD. H ph€hng trinh L'a cho t€hng I'€hng:

ax2+x+y+1+\/y2+x+y+1 =10 *{4542+9+\/y2+9 =10
x+ty=38 X+y=38

%+ y? + 18+ 24(x> +9)(y> +9) =100 oe%“”z S2xy +2y(xy) +9(x  y)* 18xy+81 =82
x+y=38

x+y=38
2 _ o 2 —
C1_}%4-2>(y+2\/(xy) +9.64 18xy +81 =82 - gxy) +9.64 18xy +81 =9 +xy
x+y=8 %X+y=8
2, +81 =81 + + 2 36xy =9.64 xy =16
oaéxy) 9.64 18xy +81 =81 + 18xy + (xy) Oa®xy m)% @ y 4
xX+y=8 xX+y=8 X+y=8
y-1=m
VD3. Choh ph€hng trmh
eZy—i—\/ =

a) Gi[ih khim=5,

b) Gi[i va bi n ludn theo m.
HD.

Jx-11t 2 _ . ..
pit e 1Y e ! KT SKT..QJ WU°QK ta FKR WUA W
w=Jy-1t0 o v 1
Du’+l)+v=m

2u’+ v=m-2 (1)

® 2 ®2
2(v+l)+u=m *2vi+ u=m-2 2)
Suy ra: 2u* V* Ooeeuvo )
yra: 2w v') (u v) ﬁ(u M1 0 @)

3'
XTu (3) ta co hé %u:u_m+2=0 53"))
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- 1
y=—-1U - 1
Lo} Q/=__ 4
xTit (4) ta c6 he @ 21 ® @2 | ®
2u2+5-u-m+2=0 A’ -2u -2m+5=0 (@)
a)m =5:
-u=yv
Hé (3°)&(3”) cho ta % , ceu v 1(dou,vt0) ex=y=
u+u-3=0
2
Heé (4°)&(4”) cho ta:
_ 2
o ., 1421 p ?#)1
Ovz__ o 51
®2u e @ ° (dou,VtO)oe®© ,
- 2u - 5=0 ;_,1_\/2—1 :y §\/il
4 e ©4 3,

E *L—L Y ELTQ OX«Q WKHR P

x + n p FKR QJKL P NKL YZ FK+ NKL p
1KTQJ- % < 0 nén néu (3”) c6 nghiém thi c6 it nhat mot nghiém am.
Vay (3”) c6 nghiém khong &m cey, 0dy, oo 8 @& m 0d @ 2
2
Khidéy » L ¥8m 15 y ‘5'1— vem 15 - |
4 © 4 1
x Thay rang hé (4°)&(4”’) néu ¢6 hai nghiém thi u, + u, =

=% QfQ NKL t% X Y FEQJ OZ QJKL P FED p

khL YZ FK+ NKL p F¥% KDL QJKL P NK,QJ ,kP

, mat khdcu + v

N | —

:"=8m- 9t0 9
Ta phai c6: ®=5-2m t0 @ dm dg .
w1
8=->0
2
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Suy ra :
a 2 2
S 1 \Bm 19 1 Bm 19 S N8m 19 - BN8m 19 -
& » VT « 4 3 4 1
« 4 4 ® « © ©
« 2. 2 )
€ LBm 19 1 Bm 19 « 8 JEm 19 L8 B 19
= 4 4 « © 4 ;1 © 4 :1
KL: i) m <2: V6 nghiém
2
. §1 :
i) 2 dm< 2.« y 21 N8m 15
8 © 4 51
2
.. §1 < :
iii) Qdm ds—:x ¥ 21 N8m 15 1
§ Vem 19 - 8\Bm 19
© 4 P © 4 P
§ V8w 19 8\Bm 19
© 4 5 © 4 i
s Xy +yWx =30
VD4. Gi[i h ph€hng trinh ®\/§ Y
xVx +y.y =35
HD. Cach 1.
s\/_= to H <
n%t<gx i ,h Lachotr thanh:
°§/§=Vt0
au’v+uv? =30  -uv(u+v)=30 av(u+v)=30 av==6
®3 3 (E— 3 e ® 3 (E_ ® _
“u +v =35 u+v)-3uv(u+v)=35 Tu+v)-90=35 utv=>5

& 3,V 2 g 97y 4
«

e &«
Y 2,V 3 Xq 47)’ 9

Ciach 2. Thhly ring x = 0 khing thol. nHt \/y /x,s to. H Licho tr
thanh:

eé(t\/;+t2x\/—=30m°é(@\/;(t+t2)=30 ottt 6 o ¢
VX +Px/x =35 xy/x(1+t)=35 1+t 7 ¢ 11

6
7
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4 ~)
I . °© Y 3x ’\/17
VDS5. Gi[i h ph€hng trinh: §1 (VMO - 2006 - 2007)
© vy 3x {
HD. nNK: xt0,y t0,y 3x!0.
ed g
H ph€hng trinh L' cho t€hng L'€hng @ ylzx 6X e ® ly .
1 == —
Sy Jy A oy Xk
Nhan t, ngv}]:g 1 iCey2 6xy 27y° 0cey 3x,y O9x
y x y 3x

sx? +2x+22 - Jy =y> +2y+1

1/y +2y+22 -/x =x>+2x+1

( Thi HSG 12- QBinh - 26/11/2008)
HD. + SKt..QJ WU°QK fa FKR

s x? +2x +22 - fy =y +2y+1
ST oy 122 -k —xPtax e+
.QJ F¥t...QJ YAL
\/(x+1) +21 -\fy =(y+ 1)
°‘\/(y+1) +21 -x = (x+1)°

VD6. Gi[i h ph€hng trinh: ®

par DXL D g i 2l T = (1)
TR oyt sJvi+21 -Ju-1 = o’ (2)

Tru ting v€ (1)&(2):
Ju2+21 vEP+21 Su-1-+v-1 = v2-u?
e v 21+ -1 +u2= P2l el v (3)
COW KZR) VAL +21+t-1 + ¢2,¢ t 1.

f'(t) = \/t2t+21+2\/1_1 + 2t>0, t>1.
f(t) lién tuc phai tai t = 1.
Suy ra f(t) dong bién trén [1; + f)
3) efw)=fv):; uwve[l;+f)ee X Y 7KD\ YZR
Jur+21 - Ju-1 =1u? @ u’ u? + 21 Ju-1 0 4)
Thay rang u = 2 thoa (4)

T OW KZBWAu> u?+21 Nu-1,u t 1
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u 1

g'(u)= 2u
Ju? + 21 2~u -1

g(u) lién tuc phai tai u = 1 nén dong bién trén [1; + f)

>0, u>1

6X\ UD X OZ QJKL™P GX\ QKEW FED
9m\ X Y OZ QJKL™P FED K~ KD\ [ \
cho.
€ 2007 JZf
VD7. Ch ng minhring b ph€hng trinh @ Y"1 ¢ ting 2
® 2007 —=
- Vx? 1
nghi mth amanLiQuki nx>0,y>0.
HD. nit: f(t) =€, gt ———:g(®) —=~ 0 |{! 1

\ tz 1 (t2 1)5
Tac- fttng tr°n v g gilm trén t ng kho[ng x&c L nh.

H phehngtrinh (1) e g 97 277 Y 100 + () =£y) + 9 ()

NJux>y Y f(x) > fly) Y g(y) < g(x) (do( )
Yy>x(doggilm) Y voly.
Tehngt khiy>xclngd¥nLjn v IT.

5 X
, ¢ —— 2007 C
Dol-, (1) ) ® Je 1
%y
X
Xeét: hx e 2007 (x>1)

VX% 1 T
Nux<-1thih(x)<e'-2007<0 Y h v®nghi m
- 3
Khix>1Y h'x ¢ 13 e x* 12

x> 12
h" x ex§x21§.2x e 3X5'0
2 . .
x° 12

va lim h x f, limh x f

xol xo f
Vdy h(x) lient, c v c- £ th I '€ ng cong I6m trén (1, + f)
Do L'- LW ch ng minh (2) ¢- 2 nghi m dehngta ch’ cfnch ng minh i n
tL“ Xo>1ma h(X()) <0

Chnxg=2Yh2 ¢ 2 2007 C

NE
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Suy ra: h(x) =0c- L¥%ng 2 nghi mx, > 1, x,> 1

*Bai tap luyén tap:
/Xty +1/x-y =m

®

o-\/XZ e +\/X2 .y =m’
k3 H + =

Bai 2. Gi[i va bi nludntheoah ph€hng trinh 3; Jy-a

x+ty-xy=a
2(x  y)=3 Yx’y {/)(7

Bai 3. Gi[ih ph€hng trinh @

iy Pt 6

Bai 4. Tima LW h ph€hng trinh sau c6 nghi m

Bai 1. Gi[li va bi n ludn theo m h ph€hng trinh

oJx+1+,\y+2=a
%-i—y:?)a

Bai 5. Tim m LW h  ph€hng trinh sau c6 nghi m ®X+l+\/y_=m
oyt ++x =1
X -y=3m
%y-i—\/gzo

(NN - A98)

Bai 6. Gi[li va bi n ludn theo mh ph€hng trinh:

éQ/E + \/Z _— 1
Bai 7. Gi[ih phehngtrinh: @y Vx xy
XA/ XY +y\/g =78
(HH - A99)
. f ° + =30
Bai 8. Gi[i h ph€hng trinh: éc\/y wx
oxx + y\/§ =35
o /X + Yy -(X-y=m

Bai 9. Gi[li va bi n ludn theo mh phehng trinh: @
o[y 2 y2+\/X2 y2:m2

°\/_+\/§=a

Bai 10. Gili va bi nludntheoa h phehng trinh: @
x+y-w=a

; +Jy =
Bai 11. Gi[i va bi n ludn theo m ph€hng trinh: 3; Jy-a

x+y-w=a

+x+y =x"-2y°
Bai 12. D2008.Giaihé pt @ — -
X\J2y -yVx -1=2x-2y
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22X m O ;
Bai 13. D2007-TK2.. Timm LV i phehng trinh : @ j/_ ¢6 nghi m
duy nhblt.
Bai 14. A2006. Gidi h SK T .. \g (X y e
afx+ 1+ Jy+1=

Bai 15. A2005-TK2. *L+L K~ SK1t... 3x2\ﬂ//lj 6Ky
x 2y

Bai 16. B2005-TK1. Giali hea phtong trlnhg x vl ry
3x 2y 4

Bai 17. B2005. *LL K SKT..QJ WU°QK
NEENET
“’3log9(9x) log,y’ =3

ox 5 Jy 5 6

Bai 18. Gi[ih ph€hng trinh: ®

e—x \/7 4
2
Bai 19. Gi[ih phehng trinh: & * 7 * 2y
%\/7 yx 2x 2y

) yz 2xy 1
Bai 20. Gi[ih ph€hng trinh: ® x y

S

% 2y \/_y 0
o

e J—z ()
‘k/ 291 Jx 2 X7 (2
Bai 23. Gifih phehng trinh: g2 " V> 87 2

S log,x 1 log,y 1

Xy )

Bai 21. Gi[ih phehng trinh:

Bai 22. Gi[ih ph€hng trinh:
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